Introduction.
In this note we discuss some properties of well distributed sequences. We take 0 < a < b < 1 and let I(x) denote the characteristic function of the interval [a, b] , so that j( x)= { lif * €[«.»]
(0 otherwise.
For convenience, we suppose that our sequences (s n ) satisfy 0 < s n < 1 for every positive integer n. A sequence (s n ) is said to be well distributed if 1 n+p
(1) lim£ E I(s k ) = b-a
holds uniformly in n, for every interval [a, b] . This may be regarded as a more stringent test of the regularity of distribution of a sequence (s n ) than the classical uniform distribution condition, where
for every [a, b] . By a well-known theorem of Weyl (1) ., the condition (2) may be expressed alternatively as (With routine changes, the word 'Veil" may be replaced both times by "uniformly".)
Proof. We will suppose that Here, mo may depend on ft but is independent of n. Also, by our hypothesis concerning (4), there is a po independent of n such that
1 n-t-p
We apply these inequalities to the following identity:
and estimate the absolute values of the sums on the right. For the first, we simply use (7). For the second, it is convenient to consider two cases according as n > mo or n < m 0 . If n > m 0 , we use (6) and obtain the trivial estimate p~1(pe) = e, valid for all integers p > 1. But if n < m 0 , we express it in two parts :
Then, by applying (6) to the second term on the right, we get
E k=n+l 2m 0 , 1 ( v since the summand is at most 2 in absolute value. Thus for p > po' = 2m 0 e -1 , the terms on the right of (9) The terms of (s k ) may exhaust those of (s k ) in which case our statement follows from the previous theorem. But if this is not the case, we omit the terms s v *' and this gives us a countable set of spaces to fill anew and we fill them with the set made up from those s k not used and the s k omitted. This change will not affect any interval since if r k = 0 for k ^ v z and r v z = 1, then
uniformly in n (see Lorentz (2)). Hence in either case we have a well distributed sequence. 
